
Triple Integrals
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EXAMPLE: Find the volume of the solid in the first octant
that is bounded below by the -plane and above by 1.xy x y z+ + =

0 1
0 1
0 1

x
y x
z x y

≤ ≤
≤ ≤ − +
≤ ≤ − −

1 1 1 1 1

0 0 0 0 0
12 21 1

0 0
0

2 21 12

0 0

13 2

0

Volume (1 )

( 1)1 ( 1)
2 2

2 1 11
2 2 2

1
6 2 2 6

x x y x

V
x

dV dzdydx x y dydx

y xy xy dx x x x dx

x x xx x x dx x dx

x x x

− + − − − +

− +

= = = − −

⎛ ⎞ ⎛ ⎞− +
= − − = − + − − + −⎜ ⎟ ⎜ ⎟

⎝ ⎠ ⎝ ⎠

⎛ ⎞ ⎛ ⎞− +
= − + + − − = − +⎜ ⎟ ⎜ ⎟

⎝ ⎠ ⎝ ⎠

⎛ ⎞
= − + =⎜ ⎟
⎝ ⎠

∫∫∫ ∫ ∫ ∫ ∫ ∫

∫ ∫

∫ ∫



2 2EXAMPLE: Let  be the solid region between the graphs of  and 

where 0 1 and 0 .  Evaluate ( 1) .
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